
nvigwbK wgb
aiv hvK, Avcbv‡K ejv n‡jv, Avcwb †Kv‡bv GK RvqMv †_‡K hvÎv

ïiæ K‡i Ab¨ GKwU RvqMvq †M‡jb NÈvq 30 gvBj †e‡M| Avi †mLvb
†_‡K wd‡i G‡jb NÈvq 60 gvBj †e‡M| GLb cÖkœ n‡”Q, Avcwb GB
hvZvhv‡Z M‡o NÈvq KZ gvBj †e‡M P‡j‡Qb| cÖ_gZ, Avcwb nq‡Zv
fve‡eb Gi DËi LyeB mnR| GLv‡b hvIqv-Avmvq Mo MwZ‡eM n‡”Q
NÈvq 45 gvBj| KviY, (30 + 60)  ¸ 2 = 90 ¸ 2 = 45| ¯‹zj-
K‡j‡Ri QvÎQvÎx‡`i g‡a¨ A‡b‡KB nq‡Zv g‡b Ki‡e GUvB mwVK
DËi| wKš‘ Avm‡j mwVK DËiUv n‡e G †ÿ‡Î cÖwZNÈvq Mo †eM n‡e
40 gvBj| G †ÿ‡Î hv N‡U, Zvi ev¯Íe D`vniY w`‡j mwVK DËiUv
Rvb‡Z-eyS‡Z Kv‡iv c‡ÿB Amyweav n‡e bv|

jÿ Kiæb| G †ÿ‡Î ejv n‡q‡Q, hvIqvi mgq NÈvq 30 gvBj
†e‡M Ges wd‡i Avmvi mgq NÈvq 60 gvBj †e‡M Pj‡Z n‡q‡Q| wKš‘
GB ỳB RvqMvi g‡a¨ ~̀iZ¡ KZUzKz wQj Zv wbw ©̀ó K‡i ejv nqwb| GB
~̀iZ¡ mvgvb¨ K‡qK gvBj †_‡K K‡qK nvRvi wKsev K‡qK jvL gvBj

n‡Z cv‡i| ïay kZ© n‡”Q, †h‡Z n‡e NÈvq 30 gvBj †e‡M Ges wdi‡Z
n‡e NÈvq 60 gvBj †e‡M| GLv‡b wnmveUv mn‡R Kivi Rb¨ awi ỳB
RvqMvi g‡a¨ ~̀iZ¡ 60 gvBj| AZGe hvIqvi mgq NÈvq 30 gvBj
†e‡M P‡j MšÍ‡e¨ †h‡Z mgq jvM‡e 2 NÈv| Avi †mLvb †_‡K NÈvq
60 gvBj †e‡M wd‡i Avm‡Z mgq jvM‡e 1 NÈv| AZGe G †ÿ‡Î
†gvU (60 + 60) ev 120 gvBj c_ Pj‡Z mgq jvM‡e †gvU 3 NÈv|
AZGe M‡o cÖwZNÈvq MwZ‡eM (120 ¸ 3) gvBj ev 40 gvBj|

GLb hw` ỳB RvqMvi ~̀iZ¡ n‡Zv 120 gvBj, Z‡e †h‡Z mgq jvMZ
4 NÈv Avi wdi‡Z mgq jvMZ 2 NÈv| AZGe hvIqv I wd‡i Avm‡Z
†gvU (120 + 120) ev 240 gvBj AwZµ‡g mgq jvMZ (4 + 2) ev
6 NÈv| Z‡e G †ÿ‡Î Mo MwZ‡eM NÈvq (240 ¸ 6) ev 40 gvBj|
Gfv‡e Avgiv ỳB RvqMvi g‡a¨ ~̀iZ¡ hvB awi, Gme mgq hvIqv-Avmvq
Mo MwZ‡e‡M G †ÿ‡Î n‡e NÈvq 40 gvBj| AZGe cÖ_‡g Avgiv
e‡jwQjvg NÈvq 45 gvBj, Zv mwVK bq|

mgm¨vwU mvaviYxKiY K‡i exRMwY‡Zi mvnv‡h¨I Avgiv †`Lv‡Z
cvwi, G †ÿ‡Î cÖwZNÈvi Mo MwZ‡eM 40 gvBj| aiv hvK ỳB RvqMvi
g‡a¨ ~̀iZ¡ mgvb x gvBj| AZGe hvZvqv‡Z Avgv‡`i Pj‡Z n‡e †gvU
2x gvBj| Avi NÈvq 30 gvBj †e‡M †h‡Z mgq jvM‡e x30 NÈv, Avi
wd‡i Avm‡Z mgq jvM‡e x

60 NÈv| AZGe hvIqv-Avmvq †gvU mgq
jvM‡e ( x

30 + 
x
60) NÈv, ev 2x+x

60 NÈv ev 3x
60 NÈv ev  x20 NÈv|

Zvn‡j G †ÿ‡Î  x20 NÈvq Avgiv AwZµg KiwQ 2x gvBj RvqMv,
AZGe GK NÈvq Avgiv AwZµg KiwQ (2x ¸ x

20) gvBj ev (2x ´ 20
x)

gvBj ev 40 gvBj| G †ÿ‡Î Avgiv †kl ch©šÍ Mo MwZ‡eMUv †cjvg
NÈvq 40 gvBj|

¯úóZB G †ÿ‡Î mvaviY Mo (30 + 60 ) ¸ 2 = 45 gvBj mwVK
bv n‡q mwVK Mo n‡”Q (30 + 30 + 60 ) ¸ 3 = 40 gvBjB mwVK|
wb‡Pi mwVK MowU‡K exRMwY‡Z ejv n‡q Harmonic Mean, hv evsjvq
ejv hvq m „̀k Mo, wKsev mgwš^Z Mo|

Gfv‡e ev¯Íe Rxe‡b Ggb D`vniY Av‡Q †hLv‡b Mo wbY©‡q mvaviY
Mo wbY©q cÖwµqv Aej¤^b Ki‡j fzj n‡e| G †ÿ‡Î Avgv‡`i mwVK
DËi †c‡Z fve‡Z n‡e nvigwbK wgb ev m „̀k Mo wbY©q cÖwµqv
Aej¤^‡b| Ggwb Av‡iKwU D`vniY w`B| GKRb QvÎ 10wU wel‡qi

9wU‡Z b¤^i †cj 100 kZvsk Ges GKwU‡Z †cj 50 kZvsk| †mme
wel‡q M‡o KZ kZvsk b¤^i †cj? Avgiv hw` ewj †m (100% +
50%) ¸ 2 ev 75% nv‡Z b¤^i †cj Z‡e fzj ejv n‡e| G †ÿ‡Î
QvÎwU 10 wel‡q †gvU b¤^i †cj (9´100 + 1´50) ev 950| AZGe
M‡o cÖwZwel‡q †cj (950 ¸ 10) ev 95| A_©vr †m 100 b¤^‡ii g‡a¨
M‡o cÖwZ wel‡q †cj 95 b¤^i| AZGe Zvi b¤^i cvIqvi Mo 95
kZvsk| G †ÿ‡ÎI Avgiv mwVK DËi †c‡qwQ nvigvwbK Mo ev m „̀k
Mo †ei K‡i|

G ai‡bi nvigwbK wgb ev m „̀k Mo wbY©‡qi Rb¨ MwYZwe‡`iv
Avgv‡`i Rb¨ GKwU mnR‡eva¨ gRvi m~Î w`‡q‡Qb| Avgiv hLb ỳwU
nvi a Ges b-Gi m „̀k Mo †ei Ki‡Z PvB, ZLb GB ỳwU nv‡ii m „̀k
Mo n‡e 2ab

a+b| Avevi wZbwU nvi a, b Ges c n‡j G¸‡jvi m „̀k Mo
n‡e  3abc

ab+bc+ca| Avi PviwU nvi a, b, c Ges d-Gi m „̀k Mo n‡e

|

Avgiv hw` GLv‡b DwjøwLZ 30 gvBj NÈvq I 40 gvBj NÈvq
MwZi nvi wb‡q G ỳ‡qi Mo MwZi nvi †ei Ki‡Z PvB, Z‡e 2ab

a+b m~‡Î
a = 30 Ges b = 60 a‡i wb‡Y©q Mo cvB = = 40

cvB|
G m~Î e¨env‡ii Av‡iKwU D`vniY †`‡ev nvigvwbK wgb a m „̀k

M‡oi welqwU Av‡iv ¯úó K‡i †Zvjvi Rb¨| aiv hvK GKwU wegv‡bi
cÖwZNÈvq mvaviY Mo MwZ‡eM 300 gvBj| wegvbwU wbDBqK© I
IqvwksU‡bi g‡a¨ hvZvqvZ K‡i| wbDBqK© †_‡K IqvwksU‡bi w`‡K evqy
eB‡Q NÈvq 50 gvBj †e‡M| wegvbwU wbDBqK© †_‡K evZv‡mi AbyK~‡j
hv‡e IqvwksUb, Avevi †mLvb †_‡K wegvbwU wbDBqK© wd‡i Avm‡e
evqyi cÖwZK~‡j| AZGe hvIqvi mgq hv‡e NÈvq (300 + 50) ev 350
gvBj †e‡M| wdi‡e (300-50) ev 250 gvBj †e‡M| AZGe GLv‡b
2ab
a+b m~ÎwU e¨envi K‡i Mo MwZ‡eM cvB = 291.667
gvBj|

Zvn‡j †`Lv †Mj GB Mo MwZ‡eM wegv‡bi ¯^vfvweK MwZ‡eM NÈvq
300 gvB‡ji †P‡q Kg| AZGe evqy bv _vK‡j wegvbwUi hvIqv‡Z  †h
mgq jvMZ, G †ÿ‡Î Zvi †P‡q †ewk mgq jvM‡e|

cvB (p)-Gi gvb g‡b ivLv
cvB (p) GKwU gRvi msL¨v| †h‡Kv‡bv e„‡Ëi cwimxgv‡K Gi

e¨vmva©¨ w`‡q fvM Ki‡j me mgq aªæemsL¨v 22¸7 cvB| GB 22¸7
†K bvg †`qv n‡q‡Q cvB (p)| 22¸7 †K `kwgK fMœvs‡k cÖKvk Ki‡j
Gi `kwg‡Ki c‡ii A¼ KL‡bvB †kl nq bv| †hgb Gi gvb

3.14159 265389793 2384626433 8327950288
4197169399... A‡b‡K †Póv K‡i †`‡L‡Qb Gi `kwg‡Ki c‡ii
Ni¸‡jvi †Kv‡bv †kl †bB| mvaviYZ weÁv‡bi QvÎiv MvwYwZK bvbv
mgm¨vi mgvavb GB p-Gi gvb e¨envi K‡i _v‡K| †m‡ÿ‡Î Gi gvb
ỳB `kwgK ¯’vb ch©šÍ e¨envi Kiv nq| A_©vr p = 3.14 a‡i MvwYwZK

mgm¨v¸‡jv mgvavb Kiv nq| wKš‘ Gic‡iI †bv‡gvwbKm bv‡g ¯§iY
ivLvi †KŠkj e¨envi K‡i Gi gvb `kwg‡Ki c‡ii K‡qK Ni ch©šÍ
g‡b ivL‡Z mÿg n‡q‡Qb|

GRb¨ Avgiv p-Gi gvb †c‡Z cvwi| †hgb : ‘Wow ! I made a
great discovery’ (3.14159...), ‘Can I have a small container of
coffee’ (3.1415926...) How I want a drink alcoholic of course, after
the heavy lectures involving quantion mechanics’ (3.14159 26525
8979...).
                                                                       MwYZ`v`y

4abcd
abc+bcd+cda+dab

3600
90

2´30´60
30+60

2´350´250
350+250

55 KgwcDUvi RMr GwcÖj 2013

gRvi RMr

MwY‡Zi AwjMwjMwY‡Zi AwjMwj
ce© : 8

8


