
†mvRv cÖkœ KwVb DËi 
MwY‡Zi GKwU †KŠZ~njx I e¨vL¨vZxZ welq n‡”Q wKQz MvwYwZK

mgm¨vi eY©bv Kiv hvq LyeB mn‡R, wKš‘ G mgm¨vi mgvavb Kiv
Awek¦vm¨ ai‡bi KwVb| Z‡e KwVb n‡jI Gi mgvavb Am¤¢e bq|
GLv‡b †ZgbB K‡qKwU D`vniY Dc¯’vcb Kiv n‡”Q, hv cvVK
mvaviY‡K Gi mZ¨Zv Dcjwä Ki‡Z mnvqZv Ki‡e| eyS‡Z mvnvh¨
Ki‡e GB inm¨gq cwiw¯’wZ|

dv‡g©‡Ui jv÷ w_I‡ig n‡”Q Ggwb ai‡bi GKwU AwZcwiwPZ
MvwYwZK mgm¨v| mgm¨vwU †evSv Lye mnR| wKš‘ Gi mgvavb †Zgb
mnR wQj bv| Gi mgvavb Ki‡Z MwYZwe`‡`i mgq †j‡M‡Q mv‡o
wZbkÕ eQi| Gi m~Pbv n‡qwQj 1637 mv‡j| mgm¨vwUi eY©bv Zz‡j aiv
hvq LyeB mn‡R| GB mgxKiYwU jÿ Kiæb : z2 = x2 + y2| A‡bK
cvVKB mn‡RB eyS‡Z cvi‡Qb, GB mgxKiYwU wc_v‡Mviv‡mi weL¨vZ
†mB Dccv`¨mswkøó| GB Dccv`¨ g‡Z, mg‡KvYx wÎfz‡Ri AwZfz‡Ri
eM© Gi Aci `yB evûi e‡M©i mgwói mgvb| GB Dccv`¨ ¯‹z‡ji
R¨vwgwZ‡Z Avgiv mevB c‡owQ| mn‡RB Aby‡gq, GKwU mg‡KvYx
wÎfz‡Ri AwZfz‡Ri ˆ`N©¨ hw` 5 BwÂ nq, Z‡e Gi Aci `yB evûi ˆ`N©¨
n‡e h_vµ‡g 3 I 4 BwÂ| KviY, 52 = 32 + 42| †h‡nZz mg‡KvYx
wÎfz‡Ri msL¨v AmsL¨, AZGe Gfv‡e Avgiv Ggb AmsL¨ wZbwU c~Y©
msL¨vi †mU cve, hv z2 = x2 + y2 mgxKiYwU †g‡b P‡j|

wKš‘ Avgiv hw` GB mgxKiYwUi AvKvi e`‡j z3 = x3 + y3 Kwi,
Z‡e wK Avgiv Ggb wZbwU x, y I z msL¨v †mU cve, hv z3 = x3 + y3
mgxKiY †g‡b Pj‡e| Avgiv hw` msL¨v wZbwUi NvZ ev cvIqvi evwo‡q
zn = xn + yn Kwi, †hLvb n n‡”Q 2-Gi †P‡q eo †h‡Kv‡bv abvZ¥K
msL¨v Ges z, x, y †h‡Kv‡bv wZbwU c~Y© msL¨v| ZLb †`Lv hv‡e Ggb
†Kv‡bv wZbwU abvZ¥K c~Y© msL¨v x, y, z cvIqv hv‡e bv, hv GB zn =
xn + yn mgxKiY †g‡b P‡j| 

wZwb GB w_I‡ig Kxfv‡e cÖgvY K‡iwQ‡jb, Zv Avgv‡`i  Rvbv
†bB| Z‡e wZwb GKwU eB covi mgq, eB‡qi GKwU c„ôvi GKcv‡k
ïay G K_vB wj‡LwQ‡jb : ÔI have discovered a truly marvelous proof
of this fact, which, unfortunately, this margin is too small to
contain?Õ

A_©vr wZwb ej‡Z Pv‡”Qb, GB w_I‡igwU cÖgv‡bi GKwU PgrKvi
cÖgvb Zvi Kv‡Q Av‡Q| Z‡e eB‡qi wKbvivqv ev gvwR©‡b †h †h RvqMv
Zv‡Z GiB cÖgvb Dc¯’vc‡bi Rb¨ LyeB †QvÆ RvqMv| ZvB Gi cÖgvb
GLv‡b Dc¯’vcb Kiv hv‡”Q bv|

dvi‡g‡Ui GB mvnmx `vwei h_v_© cÖgvY †c‡Z Avgv‡`i A‡cÿv
Ki‡Z n‡q‡Q 1995 mvj ch©šÍ| dvi‡gU G ZË¡ w`‡jb 1637 mv‡j|
Gi mv‡o wZbkÕ eQi ci 1995 mv‡j MwYZwe‡`iv G Z‡Ë¡i cÖgvY
nvwRi K‡ib| wcÖÝUb wek¦we`¨vj‡qi MwYZwe` A¨vÛªy DBjm Zv cÖgvY
K‡ib| GwU cÖgvY Ki‡Z Zv‡K †ek wKQz AZ¨vaywbK MvwYwZK aviYv I
MvwYwZK ZË¡ e¨envi Ki‡Z n‡q‡Q| gRvi e¨vcvi n‡jv, Gme aviYv I
ZË¡ dvi‡g‡Ui mg‡q Avwe®‹viB nqwb| nq‡Zv †mRb¨ Zvi c‡ÿ Zvi
†`qv ZË¡ cÖgvY K‡i hvIqv m¤¢e nqwb| Gi cÖgvYI †ek KwVb|
AvR‡Ki w`‡bi gvÎ K‡qKkÕ MwYZwe` A¨vÛªy DBj‡mi †`qv GB cÖgvY
eyS‡Z mÿg n‡q‡Qb| AZGe dvi‡g‡Ui Kv‡Q G Z‡Ë¡i cÖgvY Rvbv
wQj wK bv, †m cÖkœ IVv ¯^vfvweK| G wb‡q m‡›`n †cvlY wewPÎ wKQz
bq|

GgbB Av‡iK mgm¨vi K_v GLv‡b D‡jøL Kiv hvq, hviv MwYZ
Rv‡bb bv Ggb GKRb mvaviY gvbylI mgm¨vwU eyS‡Z cvi‡eb| wKš‘
Gi cÖgvY wQj mgfv‡e KwVb| Gi cÖgvY GLbI cvIqv hvqwb| ZvB
Gi bvg †`qv nq †MvìevK Kb‡RKPvi ev †MvìevK Abygvb| G‡Z ejv

nq, 2-Gi †P‡q eo †h‡Kv‡bv †Rvo msL¨v‡K `yBwU †gŠwjK msL¨vi
mgwó wn‡m‡e cÖKvk Kiv hvq| D‡jøL¨, †h msL¨v‡K IB msL¨v I 1 Qvov
Ab¨ †Kv‡bv c„Y©msLv w`‡q wbt‡k‡l fvM Kiv hvq bv, Zv‡K †gŠwjK
msL¨v e‡j| †hgb †Rvi msL¨v 12-†K Avgiv cÖKvk Ki‡Z cvwi
†gŠwjK msL¨v 5 I 7-Gi †hvMd‡ji AvKv‡i| A_©vr 12 = 5 + 7|
†Zgwb 124 = 53 + 71 Ges 1248 = 617 + 631| D‡jøL¨, GLv‡b
5, 7, 53, 71, 617 I 631 †gŠwjK msL¨v| Gfv‡e 2-Gi †P‡q eo
Avgv‡`i mPivPi e¨env‡ii A‡bK †Rvo msL¨v‡K Avgiv `yBwU †gŠwjK
msL¨vi mgwói AvKv‡i cÖKvk Ki‡Z cvwi| Gfv‡e mywbw`©ó D`vniY
w`‡q Gi mZ¨Zv Avgiv mn‡RB cÖgvY K‡i †`Lv‡Z cvie| wKš‘
ZvwË¡Kfv‡e AwZ eo eo msL¨vmn me msL¨vi Rb¨ G ZË¡ Kvh©Ki, Gi
cÖgvY Qvov we‡k¦i AmsL¨ †Rvo msL¨vi Rb¨I Zv mZ¨, Zv †Rvi w`‡q
ejv hvq bv| AZGe Gi ZvwË¡K cÖgvY _vKv Aek¨B cÖ‡qvRb|
†MvìevK Kb‡RKPvi †h mZ¨, Gi cÖgvY 1014 ch©šÍ msL¨vi Rb¨
KgwcDUvi †U÷ w`‡q cÖgvY K‡i †`Lv‡bv n‡q‡Q, wKš‘ m¤¢ve¨ cÖwZwU
†Rvo msL¨vi Rb¨ †KD Zv †`Lv‡Z cv‡ibwb| 

cvwUMwY‡Zi wKQz wKQz cÖkœ LyeB mij| wKš‘ †m¸‡jv †_‡K †M‡Q
cÖgv‡Yi A‡cÿvq| †hgb Ô†nBj †÷vb bv¤^viÕ| D`vniY †`qv hvK|
aiæb N GKwU abvZ¥K c~Y©msL¨v| N hw` †Rvo nq Z‡e N-Gi RvqMvq
wjLyb N/2; Avi N we‡Rvo n‡j N-Gi RvqMvq wjLyb 3N + 1| GB
avc¸‡jv Ae¨vnZfv‡e Pvwj‡q hvb hZÿY bv N = 1 nq| D`vniY
wn‡m‡e Avgiv 12 msL¨vwU wb‡q ïiæ Ki‡Z cvwi| Z‡e wmKz‡qÝ ev
avivwU `uvovq 12, 6, 3, 10, 5, 16, 8, 4, 2, 1| hw` 7 w`‡q ïiæ
Kwi, Z‡e avivwU `uvovq 22, 11, 34, 17, 52, 26, 13, 40, 20, 10,
5, 16, 8, 4, 2, 1| †h‡Kv‡bv msL¨v wb‡qB ïiæ Kwi bv †K‡bv, Avgiv
Gfv‡e me‡k‡l 1-G †cuŠQ‡Z cvie| Z‡e wewfbœ msL¨vi Rb¨ avc
msL¨v wewfbœ n‡Z cv‡i| w÷‡db Djd«vg DB‡ÛvR 95-G GKwU †cÖvMÖvg
wj‡L‡Qb, hv Avcbv‡K GB †nBj †÷vb msL¨v‡K B›Uv‡iKwUffv‡e
Rvwb‡q †`‡e| N = 26 n‡j Gi Rb¨ 10wU avc cÖ‡qvRb n‡e 1-G
†cuŠQ‡Z| wKš‘ †KD AvR ch©šÍ ZvwË¡Kfv‡e cÖgvY K‡i †`Lv‡Z cv‡ibwb
†h, cÖwZwU b¤^i wb‡q ïiæ K‡i †kl ch©šÍ Kg †ewk K‡qKwU avc †k‡l
1-G †cuŠQv‡bv hv‡e wK bv|

1913 mv‡j D™¢vweZ Gobel’s Incompleteness Theorem e‡j
†h‡Kv‡bv AvbyôvwbK e¨e¯’vq Ggb wKQz d¨v± i‡q‡Q, hv Gi wbR¯^ iæj
I Kb‡fbk‡b mZ¨, wKš‘ Zv mwZ¨ cÖgvY Kiv hvq bv Gi wm‡÷‡gi
iæ‡ji AvIZvq|
msL¨vi gRv

9 9 9 9 9 9 9 9 9 × 1 = 0 9 9 9 9 9 9 9 9 9
9 9 9 9 9 9 9 9 9 × 2 = 1 9 9 9 9 9 9 9 9 8
9 9 9 9 9 9 9 9 9 × 3 = 2 9 9 9 9 9 9 9 9 7
9 9 9 9 9 9 9 9 9 × 4 = 3 9 9 9 9 9 9 9 9 6
9 9 9 9 9 9 9 9 9 × 5 = 4 9 9 9 9 9 9 9 9 5
9 9 9 9 9 9 9 9 9 × 6 = 5 9 9 9 9 9 9 9 9 4
9 9 9 9 9 9 9 9 9 × 7 = 6 9 9 9 9 9 9 9 9 3
9 9 9 9 9 9 9 9 9 × 8 = 7 9 9 9 9 9 9 9 9 2
9 9 9 9 9 9 9 9 9 × 9 = 8 9 9 9 9 9 9 9 9 1
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†R‡b wbb

50 wgwjqb e¨enviKvixi Kv‡Q †iwWI †cuŠQ‡Z mgq
†j‡LwQj 38 eQi, wUwfi †j‡MwQj 13 eQi Avi
B›Uvi‡bU †cuŠQ‡Z mgq †bq gvÎ 4 eQi|
1963 mv‡j KgwcDUvi gvDm Avwe®‹vi K‡ib WM
A¨v‡ÄjevU© (Doug Engelbart)| GwU wQj Kv‡Vi
Dcv`vbwe‡kl|


