
†cÖvwbK bv¤v̂i Ges wR‡qv‡Wv bv¤v̂i
Ggb wKQz msL¨v Av‡Q †h¸‡jv‡K `yBwU µwgK msL¨vi ¸Ydj AvKv‡i

cÖKvk Kiv hvq| Gme msL¨v‡K ejv nq †cÖvwbK bv¤v̂i (Pronic
Number)| †hgbÑ 12 GKwU †cÖvwbK bv¤v̂i| KviY, 12 = 3 ´ 4|
†Zgwb 2 I 6 †cÖvwbK bv¤v̂i| †Kbbv, 2 = 1 ´ 2 Ges 6 = 2 ´ 3|
Avevi †h‡nZz 6 ´ 7 = 42, ZvB 42I GKwU †cÖvwbK bv¤v̂i| mwe‡kl
jÿYxq, k~b¨ (0) msL¨vwUI GKwU †cÖvwbK bv¤v̂i| KviY, 0 = 0 ´ 1|
mn‡RB †evaMg¨ †h‡Kv‡bv †cÖvwbK bv¤v̂i‡K Avgiv K (K+1) AvKv‡i
cÖKvk Ki‡Z cvwi, †hLv‡b K GKwU c~Y© msL¨v| GB †cÖvwbK msL¨v
AmsL¨| cÖ_g w`‡Ki K‡qKwU †cÖvwbK msL¨v n‡”QÑ 0, 2, 6, 12, 30,
42, 56, 72, 90, 110, 132, 156, 182, 210, 240, 272, 306,
342, 380, 420, 462, ...|

†mB A¨vwi÷U‡ji mgq †_‡K GB †cÖvwbK bv¤v̂i wb‡q gvbyl bvbv
cixÿv-wbixÿv K‡i Avm‡Q| GwU oblog number, heteromecic number,
rectangular number  BZ¨vw` bv‡gI cwiwPZ| A‡b‡KB g‡b K‡ib
pronic bvgwU m¤¢eZ promic k‡ãi fzj evbv‡b iƒcvšÍwiZ n‡q‡Q| KviY,
promic kãwU Avm‡j G‡m‡Q wMÖK kã promekes †_‡K, hvi A_©
rectangular, oblate, or oblong| wKš‘ eo gv‡ci myBm MwYZwe`-
c`v_©we`-hyw³ev`x wjImv`© BDjvi, whwb MwY‡Z A‡bK ¸iæZ¡c~Y©
Avwe®‹vi-D™¢veb †i‡L‡Qb, wZwb †hLv‡b Ô†cÖvwbKÕ kãwU e¨envi
K‡i‡Qb, †mLv‡b Avi †KD mvnm †`Lvbwb Gi evbvb ï× Kivi D‡`¨vM
wb‡Z|

K‡¤úvwRU bv¤v̂i †evSv‡ZI †iK‡U½yjvi bv¤v̂i K_vwU e¨envi nq|
KviY, G¸‡jv‡K †iK‡U½j wdMvi Z_v AvqZvKvi wP‡Îi AvKv‡i cÖKvk
Kiv hvq| wb‡P †cÖvwbK bv¤v̂i 2, 6, 12 I 20-Gi AvqZvKvi wPÎ †`qv
n‡jv| Gfv‡e cÖwZwU †cÖvwbK bv¤v̂i‡K Giƒc AvqZvKvi wP‡Î cÖKvk Kiv
†h‡Z cv‡i|

Avevi †hme msL¨v‡K GKwU mgevû wÎfzR wP‡Îi AvKv‡i ev
Uªvqv½yjvi wdMvi AvKv‡i mvRv‡bv hvq, †m¸‡jv‡K ejv nq Uªvqv½yjvi
bv¤v̂i| †hgbÑ 1, 3, 6, 10, 15, 21, ... BZ¨vw`| GB Uªvqv½yjvi msL¨v
AmsL¨|
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m¤úK© Av‡Q| wKQz wKQz †cÖvwbK bv¤v̂‡ii Ggb KZ¸‡jv h_v_© Drcv`K
ev cÖcvi wWwfRi Av‡Q, †h¸‡jvi meKwUi †hvMdj A_ev Aí K‡qKwUi
†hvMdj IB msL¨vi mgvb nq| Avgiv Av‡MB †`‡LwQ 6 GKwU †cÖvwbK

bv¤v̂i| Avevi 1, 2 I 3 n‡”Q GB 6-Gi h_v_© Drcv`K ev cÖcvi
wWwfRi, A_©vr GB 1, 2 I 3 w`‡q 6-†K wbt‡k‡l fvM Kiv hvq| GKB
mv‡_ jÿYxq, GB Drcv`K¸‡jvi mgwó g~j msL¨v 6-Gi mgvb, A_©vr
6 = 1 + 2 + 3| Avevi Avgiv GI Rvwb 20 GKwU †cÖvwbK bv¤v̂i|
Avi 1, 4, 5 I 10 n‡”Q GB 20 msL¨vwUi cÖcvi wWwfRi ev h_v_©
Drcv`K| Avevi 20 = 1 + 4 + 5 + 10 = 20| GLv‡b DwjøwLZ †h
m¤úK©wU 6 I 20-Gi g‡a¨ †`L‡Z †cjvg, †hme †cÖvwbK bv¤v̂i GB
gRvi m¤úK©wU †`Lv‡Z cvi‡e, †m¸‡jv‡K ejv nq pseudoperfect
number| †hgbÑ 12 GKwU wR‡qv‡Wvcvi‡d± bv¤v̂i| KviY, GB †cÖvwbK
bv¤v̂i 12-Gi wZbwU h_v_© Drcv`K n‡”Q 6, 4 I 2| Ges 6 + 4 +
2 = 12| 

GKBfv‡e 1806 wR‡qv‡Wvcvi‡d± bv¤v̂i| GwU GKwU †cÖvwbK
bv¤v̂iI| KviY 1806 = 42 ´ 43| Avevi 903, 602, 258, 42 I
1 GB msL¨vwUi h_v_© Drcv`K Ges G¸‡jvi mgwó A_©vr 903 + 602
+ 258 + 42 + 1 = 1806| AZGe 1806 GKwU wR‡qv‡Wvcvi‡d±
bv¤v̂i| 

Gfv‡e †`Lv †M‡Q, cÖ_g w`‡K K‡qKwU wR‡qv‡Wvcvi‡d± bv¤v̂i
n‡”QÑ 6, 12, 18, 20, 24, 28, 30, 36, 42, 1806, 47058,
2214502422, 52495396602, 84904215835596884
10706711261085, ...| Gfv‡e AmsL¨ wR‡qv‡Wvcvi‡d± bv¤v̂‡ii
K_v MwYZwe‡`iv Avgv‡`i Rvwb‡q‡Qb| Av‡iKwU K_v Rvwb‡q ivwL|
wR‡qv‡Wvcvi‡d± bv¤v̂‡ii Av‡iK bvg †mwgcvi‡d± bv¤v̂i|

wR‡qv‡Wvcvi‡d± bv¤v̂‡ii msÁvwU Avgiv Ab¨fv‡eI w`‡Z cvwi|
GB msÁvwUi Av‡jvPbvq hvIqvi Av‡M mvaviY cvVK‡`i Av‡iKwU welq
m¤ú‡K© aviYv †`qvi cÖ‡qvRb †eva KiwQ| welqwU n‡”Q Ô†iwm‡cÖvKvj
bv¤v̂iÕ| cÖkœ n‡”Q, Rvbv `iKvi †Kv‡bv GKwU msL¨vi †iwm‡cÖvKvj bv¤v̂i
†KvbwU? †Kv‡bv `yBwU msL¨vi ¸Ydj hw` 1 nq, Z‡e GB msL¨v `yBwU
ci¯úi †iwm‡cÖvKvj, Ab¨ K_vq GKwU Av‡iKwUi †iwm‡cÖvKvj| †hgbÑ
12 ´ 1/12 = 1, AZGe Avgiv Dc‡i DwjøwLZ msÁvg‡Z ej‡Z cvwi,
12-Gi †iwm‡cÖvKvj bv¤v̂i n‡”Q 1/12 Ges 1/12-Gi †iwm‡cÖvKvj n‡”Q
12| †Zgwb 19 Ges 1/19 GKwU AciwUi †iwm‡cÖvKvj| GKBfv‡e 5/7
I 7/5 ci¯úi †iwm‡cÖvKvj| KviY 5/7 ´ 7/5 = 1| Avkv Kwi,
†iwm‡cÖvKvj m¤ú‡K© aviYv ¯úó n‡q‡Q| Gevi GB †iwm‡cÖvKvj bv¤v̂i
K_vwU e¨envi K‡i Avgiv wR‡qv‡Wvcvi‡d± bv¤v̂‡ii msÁv Rvbvi †Póv
Kie|

GB msÁvg‡Z, GKwU †cÖvwbK bv¤v̂i‡K Avgiv ZLbB
wR‡qv‡Wvcvi‡c± bv¤v̂i eje, hLb GB msL¨vi AšÍZ Ggb K‡qKwU
h_v_© Drcv`K cve †h¸‡jvi †iwm‡cÖvKv‡ji mgwói mv‡_ g~j msL¨vi
†iwm‡cÖvKvj †hvM Ki‡j †hvMdj memgq 1 n‡e| †hgbÑ Avgiv Gi Av‡M
†`‡LwQ 1806 GKwU †cÖvwbK I wR‡qv‡Wv bv¤v̂i| Gi K‡qKwU h_v_©
Drcv`K n‡”Q 2, 3, 7 I 43| Ges G¸‡jvi †iwm‡cÖvKvj bv¤v̂i¸‡jv
n‡”Q h_vµ‡g 1/2, 1/3, 1/7 I 1/43| Avi g~j msL¨v 1806-Gi
†iwm‡cÖvKvj bv¤v̂i n‡”Q 1/1806| GLb GB me¸‡jv †iwm‡cÖvKv‡ji
mgwó n‡”Q 1/2 + 1/3 + 1/7 + 1/43 + 1/1806 = 1| AZGe Avgiv
ej‡Z cvwi, 1806 GKwU wR‡qv‡Wvcvi‡d± bv¤v̂i| 

Av‡iKwU D`vniY †`Lv hvK| Avgiv Av‡M †`‡LwQ 20 GKwU †cvwbK
bv¤v̂i| KviY 20 = 4 ´ 5| Avevi 2, 4, 5 n‡”Q 20-Gi GK-GKwU
Drcv`K| G¸‡jvi †ewm‡cÖvKvj n‡”Q h_vµ‡g             Ges 20-Gi
†ewm‡cÖvKvj n‡”Q    |  GLb  GB me¸‡jv  †ewm‡cÖvKv‡ji †hvMdj =     

  20 GKwU wR‡qv‡Wv
cvi‡d± bv¤v̂i|
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